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Abstract
In this paper, we present a Web-based intelligent tutoring system, called BITS. The decision making process conducted in our intelligent system is guided by a Bayesian
network approach to support students in learning computer
programming. Our system takes full advantage of Bayesian
networks, which are a formal framework for uncertainty
management in Artificial Intelligence based on probability
theory. We discuss how to employ Bayesian networks as an
inference engine to guide the students’ learning processes.
In addition, we describe the architecture of BITS and the
role of each module in the system. Whereas many tutoring
systems are static HTML Web pages of a class textbook or
lecture notes, our intelligent system can help a student navigate through the online course materials, recommend learning goals, and generate appropriate reading sequences.

1 Introduction
Web-based learning systems are increasingly popular
due to their appeal over traditional paper-based textbooks.
Web courseware is easily accessible and offers greater flexibility through the internet [6], that is, students can control
their own pace of study and do not depend on a teacher’s
presence and rigid classroom schedules. Unlike printed
textbooks, Web-based tutoring systems can incorporate rich
multi-media and interactive elements, such as audio, video
and animation to make a point. Web-based learning systems can add hyperlinks to allow students to click on a link
on one Web page and immediately be transferred to another page or to other relevant sites. However, since many
current Web-based tutoring systems are static HTML Web
pages, they suffer from two major shortcomings, namely,
they are neither interactive nor adaptive [6]. Most Web
courses present the same static learning materials to students with widely differing knowledge levels of a given subject. Therefore, this kind of system is unable to satisfy the

heterogeneous needs of many users [7].
Web Intelligence is a direction for scientific research that
explores practical applications of Artificial Intelligence to
the next generation of Web-empowered systems [54]. Yao
and Yao [58] argue that a system should be robust enough
to deal with various types of users. Moreover, Brusilovsky
and Maybury [7] explicitly state that the solution needed
to fix the problem of the traditional “one-size-fits-all” approach is to develop systems with an ability to adapt their
behavior to the goals, tasks, interests, and other features
of individual users and groups of users. In the context of
Web-based tutoring systems, Liu et al. [36] developed an
intelligent system for assisting a user in solving a problem.
Obviously, this involves creating systems that can make decisions based on uncertain or incomplete information. One
formal framework for uncertainty management is Bayesian
networks [41, 55, 56], which utilize probability theory as
a formal framework for uncertainty management in Artificial Intelligence. Web intelligence researchers have applied Bayesian networks to many tasks, including student
monitoring [28, 36], e-commerce [27, 42], and multi-agents
[34, 53].
The purpose of this paper is to put forth a Web-based intelligent tutoring system, called BITS, to support students
in learning computer programming. The decision making
process conducted in our intelligent system is guided by
a Bayesian network. Similar to [28, 36], BITS can assist
a student in navigation through the online materials. Unlike [28, 36], however, BITS can recommend learning goals,
and generate appropriate reading sequences. For example, a
student may want to learn “File I/O” without having to learn
every concept discussed in the previous materials. BITS can
determine the minimum prerequisite knowledge needed in
order to understand “File I/O” and display the links for these
concepts in the correct learning sequence. In this way, one
can address the problem of Web-based learners’ unproductive navigation, and refocus them on their study objectives
by making the tutoring systems adaptable to different types
of learners. BITS has been implemented and was used in
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the summer 2004 session of CS110, the initial computer
programming course in Computer Science at the University
of Regina. Although the feedback collected from the students was limited, the result was very positive. We believe
that BITS will be useful for supporting instructors teaching computer programming in their institutions. In particular, this research work is important for institutions where
it is difficult to provide personalized instruction that they
need [31]. Moreover, we believe that BITS is very useful
to any work applying Bayesian networks as a model for developing adaptive Web-based education tools for different
courses. Unlike our previous work [11], in this paper, we
give an in-depth discussion of Intelligent Tutoring Systems
(see Section 2) and a Bayesian network approach applied in
our system (see Section 3). In addition, each component in
the architecture of BITS is examined in greater detail (see
Section 4). In Section 5.2, the implementation of BITS is
presented. A more comprehensive survey of related work
is discussed in Section 6. Furthermore, our future work
to enhance BITS is discussed (see Section 7.2). Empirical
studies have shown that individual one-on-one tutoring is
the most effective mode of teaching and learning [5]. With
large numbers of students in Web-based learning environment, however, this kind of individualized tutoring is difficult to deliver. BITS serves as intelligent software for implementing computer-assisted one-on-one tutoring.

Since the 1960s, researchers have created numerous
Computer Assisted Instructional systems [48, 51]. The
purpose for applying computers in assisting instruction is
to help students learn more efficiently. Traditional education systems instructing via computers are called ComputerAssisted Instruction (CAI) systems. CAI systems present
instructional materials in a rigid tree structure to guide the
students from one content page to another depending on
their answers [37], as illustrated in Figure 1 [22]. While
traditional CAI systems may be somewhat effective in helping learners, they are restrictive in that they do not consider
the diversity of students’ knowledge states and their particular needs (c.f. [7] and [58]). Such systems do not generate flexible instructional plans. Instead, they follow a prespecified and fixed plan. Moreover, CAI systems are not
adaptive and unable to dynamically provide the same kind
of individualized attention that students would receive from
human teachers [4].
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This paper is organized into seven sections. Section 2
reviews Intelligent Tutoring Systems. In Section 3, we discuss Bayesian networks and probabilistic inference. In Section 4, we describe the architecture of BITS, the role of each
module in the system. In particular, we discuss BITS’s capability for adaptive guidance by applying the Bayesian network approach. In Section 5, we describe the features that
allow BITS to be accessed via the Web and the implementation of BITS. Related works are discussed in Section 6. The
conclusion is presented in Section 7.
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Figure 1. Tree structure for one traditional
CAI system to guide the student in navigating through the instructional materials.

In this section, we review several problems in conventional tutoring systems and motivations for designing Intelligent Tutoring Systems. We then discuss the general framework of an Intelligent Tutoring System and the function
for each component. In addition, we focus on the student
model, which is the key aspect of Intelligent Tutoring Systems needed to realize one-on-one tutoring. Finally, we review two classical approaches applied in current Web-based
Intelligent Tutoring Systems.

This drawback has prompted a promising direction in the
application of Artificial Intelligence techniques in education
known as Intelligent Tutoring Systems (ITSs) [10]. Intelligent Tutoring Systems are computer-based programs that
present educational materials in a flexible and personalized
way that is similar to one-to-one tutoring [6]. In particular,
ITSs have the ability to provide learners with tailored instructions and feedback. The basic underlying idea of ITSs
is to realize that each student is unique. These systems can
2

be used in the traditional educational setting or in distant
learning courses, either operating on stand-alone computers
or as applications that deliver knowledge through the internet.
ITSs have been shown to be highly effective in increasing students’ performance and motivation levels compared
with traditional instructional methods (e.g. [32], [46]). One
of the key elements that distinguishes ITSs from more traditional CAI systems is ITSs’ capability to dynamically
maintain a model of a student’s reasoning and learning that
keeps track of a student’s knowledge during the study [47].
As noted by Shute and Psotka [47], ITSs must be able to
achieve three main tasks:

Main ITS Components
Data about the student
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Figure 2. The major components of most Intelligent Tutoring Systems.

(i) accurately diagnose a student’s knowledge level using
principles rather than preprogrammed responses;
(ii) decide what to do next and adapt instruction accordingly;

2. Student Model:

(iii) provide feedback.

The student model stores information that is specific
to each individual learner and enables the system to
identify different users. Usually, this information reflects the system’s understanding of one learner’s current knowledge state. Thus, the student model can
track a student’s understanding and particular need.
Without an explicit student model, the teaching strategies component is unable to make decisions to adapt
instructional content and guidance (see Figure 2) and
is forced to treat all students similarly.

This kind of diagnosis and adaptation, which is usually accomplished using Artificial Intelligence techniques,
is what distinguishes ITSs from CAIs. Bloom [5] demonstrates that individual one-on-one tutoring is the most effective mode of teaching and learning. Carefully designed
and individualized tutoring produces the best learning for
the majority of people. ITSs uniquely offer a technology
that implements computer-assisted one-on-one tutoring.

2.2 The Key Components of ITS

Student modelling is sometimes thought of as a subproblem of the user modelling problem [25], whereby
the target application is an ITS. Student modelling
presents well-known difficulties stemming from the
fact that modelling the student within an intelligent
tutoring system involves a good deal of inherent uncertainty [14]. It is hard to establish unequivocally
what a student knows and what she is learning [14, 25].
Thus, one of the biggest challenges in designing ITSs
is the effective assessment and representation of the
student’s knowledge state and specific needs in the
problem domain based on uncertainty information.

Early CAI systems were not modular [57]. This unfavourable structure caused problems when a system required modification, and it was sometimes necessary to restructure the whole system. There was, then, a need to divide the system into separate components: the knowledge
to be taught, the instructional method, the user interface and
the student modelling.
Researchers typically separate an ITS into several different parts, and each part plays an individual function. Usually, most ITSs has four common major components [48],
as illustrated in Figure 2:

The task of dealing with the uncertainty management
for the student model is thus challenging [17]. Until
the late 1980s, researchers interested in student modelling had only limited techniques for uncertainty management available, and they mostly had to rely either
on poorly understood ad hoc techniques or on general techniques [25]. Fortunately, over the past decade
the question of how to manage uncertainty has been
a rapidly expanding and increasingly mainstream research topic in Artificial Intelligence. Various approaches in Artificial Intelligence have been proposed
for uncertainty reasoning [40], including rule-based

(i) Knowledge domain;
(ii) Student model;
(iii) Teaching strategies;
(iv) User interface.
1. Knowledge Domain:
The knowledge domain stores learning materials that
the students are required to study for the topic or curriculum being taught.
3

systems [9], fuzzy logic [30], DempsterShafer theory
of evidence, and neural networks. Bayesian networks
[41] are a powerful approach for uncertainty management in Artificial Intelligence [55, 56]. In Section 3,
we will discuss details of the Bayesian network approach.

2. Curriculum Sequencing:
Curriculum sequencing is now the most popular and
important technology in Web-based ITSs [6]. The objective of curriculum sequencing technology (also referred to as instructional planning technology) [6] is to
provide the student with a personalized optimal path
through the learning material. The examples are [3, 8].

3. Teaching Strategies:

Recommending appropriate learning sequencing is
necessary in Web-based education. Web-based learning students usually work alone without a teacher’s instructional assistance and they study the subject at their
own pace. As a result, appropriate learning sequencing
recommendations are essential in order to enable each
student to learn the subject in the most beneficial and
individualized way [6]. In this paper, we describe the
implementation of this type of instructional planning
technology in BITS for teaching computer programming.

The teaching-strategies component refers to instructional techniques for teaching. For example, the component decides when to present a new topic, how to
provide recommendations and guidance, and which
topic to present. As mentioned earlier, the assessment
result of the student model is input to this component,
so the system’s pedagogical decisions reflect differing needs of students. Thus, this component needs to
take appropriate actions to manage one-on-one tutoring, such as switching teaching strategies and using a
variety of teaching approaches at the appropriate times
according to the student’s particular needs and problems.

3 Bayesian Networks

4. User Interface Component
In this section, we discuss modelling with Bayesian networks and probabilistic inference.
Let U = {v1 , v2 , . . . , vn } denote a finite set of discrete
random variables. Each variable vi is associated with a finite domain, denoted dom(vi ), representing the values vi
can take on. Let dom(U ) be the Cartesian product the domains of the individual variables in U; namely,
dom(U ) = dom(v1 ) × dom(v2 ) × . . . × dom(vn ).
Each element u ∈ dom(U ) is called a configuration of U

The user interface component decides how the system
interacts with a user. The dialogue and the screen
layouts are controlled by this component. A welldesigned interface can enhance the capabilities of an
ITS by allowing the system to present instructions and
feedback to the student in a clear and direct way.
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Definition 1 [44] A joint probability distribution (JPD) is
a function p on dom(U ), such that the following two conditions hold: (i) 0 ≤ P
p(u) ≤ 1.0, for each configuration
u ∈ dom(U ), and (ii)
u∈dom(U) p(u) = 1.0.

In the review of existing ITSs by Murray [39], two major
types of Intelligent Tutoring Systems are identified according to the system’s objective:
1. Problem Solving Support:

For brevity, we refer to p as a probability distribution on
U rather than dom(U ), and we call U not dom(U ) as its
domain.
Next, we discuss an important notion of the conditional
probability distribution.

For many years, problem solving support was considered as the primary duty of an ITS [6]. The purpose
for problem solving support is usually to provide the
student with intelligent help for each step when resolving a task, such as a project or a problem. When
the student is stuck on one step, the system provides
a hint showing the next correct solution step for the
student, or offering appropriate error feedback. In this
setting, the critical problem for the system is to interpret the student’s actions and infer the solution plan
that the student is currently following based on a partial sequence of observable actions. That is, the system
needs to understand the student’s plan, and apply this
understanding to provide help. Examples of this type
of ITS are [1, 17, 21, 28, 36, 43, 50].

Definition 2 Let vi be a variable and X be a finite, possibly
empty set of variables. A conditional probability distribution (CPD) for vi given X, denoted p(vi |X), is the probability distribution that has a property whereby, for each configuration x ∈ dom(X),
P

c∈dom(vi )

p(vi = c|X = x) = 1.0,

where X is the set of conditional variables for variable vi ,
vi ∈
/ X, and x ∈ dom(X).
4

Example 1 Let U = {a, b, c, d, e, f } be a set of binary
variables. The corresponding CPDs p(a), p(b|a), p(c|a),
p(d|b), p(e|c), p(f |d, e) are given in Figure 3, where the
missing conditional probabilities can be calculated according to the definition of CPD. For instance, p(a = 0) = 0.45,
p(b = 1|a = 0) = 0.3.

a

p(a)

a

b

p(b| a)

a

c

p (c | a )

1

0.55

1
0

1
1

0.7
0.4

1
0

1
1

0.1
0.2

b

d

p (d | b )

1
0

1
1

0.5
0.7

d

e

f

p(f | d, e)

1

1

1

0.8

c

e

p ( e | c)

1

0

1

0.4

1
0

1
1

0.4
0.7

0

1

1

0.3

0

0

1

0.9

By the above conditional independencies, the JPD
p(a, b, c, d, e, f ) can be factorized as:
p(a, b, c, d, e, f ) = p(a)· (b|a)· (c|a)· (d|b)· (e|c)· (f |d, e).
Bayesian networks are a graphical method for representing the independence information.
Definition 4 A Bayesian network [41] is a pair B =
(D, C). In this pair, D is a directed acyclic graph (DAG)
on a set U of variables. The directed edges in the graph reflect the dependencies that hold among the variables. C =
{p(vi |Pi ) | vi ∈ D} is the corresponding set of conditional
probability distributions, where Pi denotes the parent set of
each variable vi in the DAG D.
We will use the terms Bayesian network and DAG interchangeably if no confusion arises. The d-separation algorithm [41] can be used to infer probabilistic conditional
independencies from a DAG. That is, if Y d-separates X
and Z in the DAG D, then the conditional independence
I(X, Y, Z) holds in the JPD. The strength of the dependency is quantified by a conditional probability.

Figure 3. One set of CPDs for the variables in
U = {a, b, c, d, e, f }, namely.
Clearly, it may be impractical to obtain the joint distribution on U directly; for example, one would have to specify
2n − 1 entries for a distribution over n binary variables.
Bayesian networks [41] utilize the notion of conditional independence to facilitate the acquisition of JPD.

Example 3 Let U = {a, b, c, d, e, f } be a set of binary
variables. One Bayesian network on U is the DAG in Figure 4 together the CPDs in Figure 3. It can be verified using d-separation, that the four independencies in Example 2
hold in the DAG.

Definition 3 [56] Let p(U ) be a JPD, and X, Y , Z be pairwise disjoint subsets of U . Let x, y and z denote arbitrary
values of X, Y and Z respectively. We say X and Z are
conditionally independent given Y under the joint probability distribution p, denoted by I(X, Y, Z), if

a

b

c

d

e

p(x|y, z) = p(x|y),
whenever p(y, z) > 0. This conditional independence
I(X, Y, Z) can be equivalently written as
p(x, y) · p(y, z)
p(x, y, z) =
.
p(y)
f

Example 2 Suppose U = {a, b, c, d, e, f }, the following
conditional independencies, namely, I(c, a, b), I(d, b, ac),
I(e, c, abd), I(f, de, abc) hold on U , namely,

Figure 4. A directed acyclic graph (DAG) on
variables U = {a, b, c, d, e, f }.

p(c|a, b) = p(c|a),
p(d|a, b, c) = p(d|b),
p(e|a, b, c, d) = p(e|c),

p(a) · p(b|a)· (c|a, b)· (d|a, b, c)

Based on the probabilistic conditional independencies
encoded in the DAG, the product of the CPDs in C is a
unique joint probability distribution on U :
Q
p(v1 , v2 , . . . , vn ) = ni=1 p(vi |Pi ),

·p(e|a, b, c, d)· (f |a, b, c, d, e).

as shown in Example 2 for the DAG in Figure 4.

p(f |a, b, c, d, e) = p(f |d, e).
By the chain rule of probability,
p(a, b, c, d, e, f ) =

5

Example 4 Recall Example 2. While specifying p(U ) directly involves stating 63 prior probabilities (26 − 1 for six
binary variables), by the DAG in Figure 4, only 13 conditional probabilities need be given.

Student
Student

User Interface
Input

Bayesian
Inference
(Assessment)

- Answers for sample quizzes

Bayesian networks, thus, provide a semantic and concise modelling tool for modelling uncertainty in complex
domains, which greatly facilitates the acquisition of probabilistic knowledge.
Another important notion we need to discuss is ancestral
number. A numbering of the variables in a DAG is called
ancestral [12], if the number corresponding to any vertex is
lower than the numbers corresponding to all of its children.
For example, recall the DAG in Figure 4. One ancestral
numbering of these variables is a = 1, b = 2, c = 3, d =
4, e = 5, f = 6. We now turn our attention to probabilistic
inference in the next discussion.
The main task of Bayesian networks is for probabilistic reasoning. Probabilistic reasoning, namely, processing
queries, simply means computing p(V ), the marginal distribution for a set V of variables, or p(V |E = e), the posterior probability distributions of a set V of unobserved variables given E = e, where V ∪ E = ∅ and V, E ⊆ U .
The evidence in the latter query is that the set E of variables is observed to be configuration e, e ∈ dom(E).
When we enter the evidence and use it to update the probabilities, we call it propagation of evidence, or simply
propagation. There are many probabilistic inference algorithms [16, 26, 33, 35, 45, 60] for processing queries which
seem to work well in practice. There are also numerous
implementations of Bayesian network software [20].

- Choosing a study goal
- Stating known topics
Output
- Lecture notes
- Sample quizzes
- Recommendations

Adaptive Guidance
Navigation Support

Knowledge Base

- Lecture notes
- Sample quizzes
- Solution keys

Prerequisite
Recommendations

Generating
Learning Sequences

Figure 5. Architecture of BITS.

ance module. Details of each component will be explained
and examined in the following sections.

4.1 Bayesian Networks in BITS
In this sub-section, we discuss how BITS employs
Bayesian networks as an inference engine to guide the students’ learning process.
4.1.1 Modelling the Problem Domain
There are two tasks involved in helping a student navigate
in a personalized Web-based learning environment: firstly,
the structure of the problem domain must be modelled; secondly, student knowledge regarding each concept in the
problem domain should be tracked. Bayesian networks can
help us meet both these objectives.
To simplify the task of developing an intelligent tutoring system, we restrict the scope of the problem as follows: firstly, the system is built to tutor students in the C++
programming language; secondly, only elementary topics
are covered, such as those typically found in introductory
courses on programming. These concepts include concepts
such as variables, assignments, and control structures, while
more sophisticated topics like pointers and inheritance are
excluded. For our purposes, we have identified a set of concepts that are taught in CS110, the introductory computer
programming course at the University of Regina. Each concept is represented by a node in the graph. There exist
learning dependencies among knowledge concepts, namely,
prerequisite relationships. Using a Bayesian Network, the
prerequisite relationships among the concepts can be represented directly and clearly. We add a directed edge from
one concept (node) to another if knowledge of the former is

4 General Architecture of BITS
In this section, we introduce BITS for computer programming. We outline the major components of our system
and describe how they interact with each other. We discuss
how to use a Bayesian network within BITS for modelling
and inference, and how BITS can offer tailored pedagogical
options to support an individual student.
As BITS is designed, we adapt the common framework
of the ITS discussed in Section 2 and divide the user interface module into two interface submodules, the input
submodule and output submodule. We also separate the
adaptive guidance module (this module corresponds with
the teaching-strategies component in the general framework
of an ITS in Section 2) into three submodules: Navigation Support, Prerequisite Recommendations, and Generating Learning Sequences. The student model is implemented
by the Bayesian network approach.
Figure 5 shows the overall architecture of BITS. Four
modules contained in BITS are Bayesian networks, the
knowledge base, the user interface, and the adaptive guid6

a prerequisite for understanding the latter. Thus, the DAG
can be constructed manually with the aid of the textbook for
our CS110 course [15], and it encodes the proper sequence
for learning all the concepts in the problem domain.
Example 5 Consider the following instance of the “For
Loop” construct in C++:
for(i=1; i<=10; i++).

Variable
Assignment

Relational
Operators

Incre/Decrement
Operators

For Loop

p(F|V,R,I)

known
known
known
not known
known
not known
not known
not known

known
known
not known
known
not known
known
not known
not known

known
not known
known
known
not known
not known
known
not known

known
known
known
known
known
known
known
known

0.75
0.39
0.50
0.50
0.22
0.29
0.40
0.15

To understand the “For Loop” construct, one must
first understand the concepts of “Variable Assignment”
(i=1), “Relational Operators” (i<=10), and “Increment/Decrement Operators” (i++). These prerequisite
relationships can be modelled as the DAG depicted in Figure 6.
Variable Assignment

Relational Operators

Figure 7. The CPD corresponding to the “For
Loop" node in Figure 6.

(i.e., the probability that the student correctly answers both
the concept vi and the prerequisite concepts Pi ). From
p(vi = known, Pi = known), the desired CPD p(vi =
known|Pi = known) can be obtained through the following equation:

Increment/Decrement
operators

For Loop

=
Figure 6. Modelling the prerequisite concepts
of the “For Loop" construct.

p(vi = known|Pi = known)
p(vi = known, Pi = known)
.
p(Pi = known)

While it is acknowledged that the accuracy of calculating
the CPDs in this fashion is arguable [14], this approach to
CPD acquisition is the only available way that we currently
have. Thereby, by this approach, we calculate every CPD
for the entire Bayesian network.

Figure 6 depicts a small portion of the entire DAG implemented in BITS. The entire DAG implemented in BITS consists of 29 nodes and 43 edges, which is shown in Figure 17
in the Appendix of this paper. While the student runs BITS,
she also can see the whole DAG constructed in BITS.
The next task in the construction of the Bayesian network is to specify a CPD for each node given its parents.

4.1.2 Personalized Learning
It has been argued [58] that systems should provide personalized environments. In this sub-section, we show how
BITS adapts to the individual user. We begin by motivating
the discussion.
Brusilovsky [6] states that several systems detect the fact
that the student reads some information to update the assessment of her knowledge level. Some of them also include
reading time or the sequence of read pages to enhance this
assessment. However, the disadvantage of the above approaches is that it is difficult to measure whether a student
really understands the knowledge by visiting Web pages of
lecture notes.
The primary purpose of observing a student’s interaction
with BITS is to obtain the evidence collected from the student to update the Bayesian network. In BITS, there are
two methods of obtaining the evidence required to update
the Bayesian network.

Example 6 Recall the node vi = For Loop with the parent set Pi ={Variable Assignment, Relational Operators,
Increment/Decrement Operators} depicted in Figure 6. A
CPD p(For Loop|Variable Assignment, Relational Operators, Increment/Decrement Operators) is shown in Figure 7,
where the missing conditional probabilities can be computed by the definition of the CPD.
All CPDs for the DAG are obtained from the results
of previous CS110 final exams. Firstly, we identify the
concepts being tested by each question. Normally, these
exam questions consist of multiple choice or filling-in-theblank. If the student answers the question correctly, then
we considered the concept known. Similarly, if the student
answers the question incorrectly, then the concept is unknown (not known). The probability of each concept being
known, namely p(vi = known), can then be determined.
Moreover, we can compute p(vi = known, Pi = known)

(i)

7

A student’s direct reply to a BITS query if this student
knows a particular concept.

(ii) A sample quiz result for the corresponding concept to
determine whether or not a student has understood a
particular concept. Although a quiz question may pertain to several C++ topics, we subjectively associated
each question with the most relevant topic.
We believe this approach is a more reliable method of estimation.
After the student finishes reading the displayed lecture
notes, she provides BITS with feedback. More specifically,
she selects from one of the following three choices: I understand this concept; I don’t understand this concept; I’m not
sure (quiz me). These choices are illustrated in the bottom
right corner of Figure 8. The first two answers fall under the
above-mentioned method (i) to obtain the evidence, while
the last answer falls under method (ii).

Figure 9. One question on a sample quiz for
the concept “File I/O" in Figure 8.

displayed, and BITS also recommends that the student review the learning material on the current concept again. The
Bayesian network is also updated accordingly.

Figure 8. A screen shot of BITS displaying
the lecture notes and querying whether this
concept is understood for the concept “File
I/O."
For method (i), the Bayesian network can immediately
be updated to reflect the student’s knowledge, or her lack
thereof. In the case of method (ii), BITS retrieves the appropriate quiz from the database and presents it to the user.
For instance, if the student indicates that she is not sure
whether she understands the concept “File I/O,” then BITS
displays the quiz on “File I/O” in Figure 9. BITS then compares the student’s answer with the appropriate solution key
stored in the database.
After providing an answer, the
student is informed by immediate feedback whether the answer is correct or not. If the student answers all questions
correctly in the sample quiz, the Bayesian network is updated and the Navigation Menu is again displayed (but this
time the current concept will be marked as already known).
If some of the answers are incorrect, the correct answer is

Figure 10. The feedback of BITS when the
student chooses the incorrect answer for the
question in Figure 9.

Example 7 Consider the question shown in Figure 9, the
correct answer is “B”. If a student chooses an incorrect
answer, say “A”, the student receives the feedback shown
in Figure 10.
As will be discussed in Section 5.4, the Bayesian network is implemented using MSBNx [24]. This toolkit
includes a probability inference algorithm for processing
queries. We refer the reader to [16, 26, 33, 35, 45, 60] for
8

and an output module for output from BITS to a student.
The output module displays the class lecture notes through
a Web browser; it uses dialogue boxes to display quizzes
and offer pedagogical suggestions. These pedagogical suggestions include either the adaptive guidance provided by
BITS, which we will discuss in the next subsection, or
learning tactics offered by Genie, an animated study agent
in BITS, which we will discuss in Section 5.
The primary goal of the input module is to update the
Bayesian network based on evidence collected from the student, as we discussed in Section 4.1.2.

detailed discussion on the inner workings of probabilistic
inference algorithms. In Section 4.4, we turn our attention
to using the updated Bayesian network for adaptive guidance.

4.2 Knowledge Base
The knowledge base contains the class lecture notes in
the form of Web pages, a repository of sample tests (which
are in the form of interactive flash multimedia files), and
solution keys. The class lecture notes are displayed while
the user learns a new concept. On the contrary, a sample
quiz is displayed when BITS is trying to determine whether
or not a student has understood a particular concept.
All course materials, including both lecture notes and
quizzes, are organized by knowledge concepts for C++ programming that correspond to the nodes in the Bayesian network. Using this approach, we separate knowledge concepts from actual instructional contents, and this separation
is advantageous in many ways.
Firstly, this separation allows multiple teachers to write
parts of the instructional materials and work independently.
Instructors can compose their course contents without having to be concerned about other contents; moreover, it allows them to include information resources located anywhere on the World Wide Web.
Secondly, this separation enables us to apply Bayesian
networks as the inference mechanisms that estimate the student’s knowledge state. Because each concept corresponds
to one node in the Bayesian network, it facilitates the sample quiz’s result as the evidence for Bayesian networks to
update the system’s belief.
Thirdly, this separation facilitates changes to the content of the tutoring system. If we add additional information pages or change content, we need only re-index these
pages accordingly; we need not change any components in
the Bayesian network. This development allows for easy
modification of the instructional contents without having to
reformulate the whole system.
The last advantage is that this separation allows the concepts to be indexed and retrieved efficiently, allowing the
system to adapt to one particular student’s needs and knowledge state. When a student determines a study goal, the
indexed lecture notes are displayed appropriately. We can
also either propose programming examples for this concept
on the Websites or generate reading sequences according to
the student’s actual knowledge state.

4.4 Adaptive Guidance
Using the state of the Bayesian network regarding the
knowledge of the student, BITS can offer tailored pedagogical options that support the individual student. In this section, we describe three kinds of adaptive guidance that BITS
can provide: navigation support, prerequisite recommendations for problem solving, and the generation of a learning
sequence when studying a particular concept. These three
adaptation methods are current issues in Web-based Intelligent Tutoring Systems [7, 8].
4.4.1 Navigation Support
The navigation menu is used to navigate through the concepts under consideration. To help the student browse the
materials, BITS marks each concept with an appropriate
traffic light. These traffic lights are computed dynamically from the Bayesian network and indicate the student’s
knowledge regarding these topics.
This method is a very efficient approach to supporting
the user who is navigating through the online Websites and
in helping her to find appropriate or relevant information.
Brusilovsky [7] calls this technique Adaptive Annotation,
which means that the system uses visual cues (icons, fonts,
colors) as the metaphor to help the user select appropriate
information.
In BITS, each concept is marked as belonging to one of
the following three categories:
(i) already known,
(ii) ready to learn, and
(iii) not ready to learn.
A concept is considered already known if the
Bayesian network indicates the probability p(concept =
known|evidence) is greater than or equal to 0.70, where
the evidence is the student’s knowledge on previous concepts obtained indirectly from quiz results or directly by the
student replying to a query from BITS. It should be noted
that the choice of 0.70 to indicate a concept is known is arbitrarily chosen.
If a concept is marked ready to learn, it means that
all prerequisites are known by the student. In terms

4.3 User Interface Module
A student interacts with BITS through the user interface module. This interaction is partitioned into two submodules; an input module for input from a student to BITS,
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of the Bayesian network, the probability p(concept =
known|evidence) is less than 0.70 for the current knowledge concept and all of the parent concepts are already
known. Please note that knowing the parent concepts does
not mean the child concept is already known. On the
contrary, it only means that the child concept is ready
to learn, provided the current probability p(concept =
known|evidence) < 0.7. The second point we need to note
is that we only need be concerned with whether the parent
concepts are already known. According to the conditional
independencies encoded in the Bayesian network, given the
parents of one variable vi , vi is conditionally independent
of all non-descendants.
Finally, a concept is labelled not ready to learn if at
least one of the prerequisites for this concept is not already
known by the student; in terms of the Bayesian network,
there exists at least one parent concept that is not already
known.
Traffic lights are employed as follows: yellow (already
known), green (ready to learn), and red (not ready to learn).
When BITS is first entered, the concepts are marked with
traffic lights based on the initial probabilities obtained from
the Bayesian network. The opening screen shot of BITS
is depicted in Figure 11. The navigation menu appears on
the left, while a brief introduction to BITS is shown on
the right. A student can preview a concept by highlighting it; BITS then displays a brief description of the concept,
which explains why it is important. In the bottom right corner of Figure 11, BITS also displays the initial probability
p(concept = known) for the highlighted concept. This
probability indicates BITS’ belief that the student knows
the concept that is currently highlighted.

Figure 11. Entry page of BITS with navigation
menu (left frame), where green means ready to
learn, yellow means already known, red means
not ready to learn, and a brief introduction to
BITS is provided (right frame).

however, the concept “Floating-point numbers” is labelled
as already known).
4.4.2 Prerequisite Recommendations
After reading the lecture notes of a ready to learn concept
(see Section 4.4.1), a student may indicate that she does not
understand the concept either by directly answering a query
or indirectly through incorrect answers on the corresponding quiz (see Section 4.1.2).
In such situations, BITS is designed to present links to
prerequisite concepts of this topic, such as the links to each
concept in the parent set of the variables in the Bayesian
network. Instead of methods that repeat the problem concept over and over, this approach is useful because it provides the flexibility to revisit the prerequisite concepts and
confirm they are indeed understood. The rationale behind
our method is that a student may believe that a prerequisite
concept is understood when, in fact, it is not, and lacking
prerequisites usually affects the student’s learning performance.

Example 8 Recall the entry page for BITS in Figure 11. By
highlighting the concept “Floating-point numbers,” a student can preview this topic. A brief overview of “Floatingpoint numbers” is shown in Figure 12. In the bottom right
corner of Figure 12, BITS also displays the initial probability p(F loating − point numbers = known). This probability informs BITS’ belief that the student knows the concept “Floating-point numbers.”
If the student decides to study this topic, she can press
the start learning button. If this topic belongs to a ready to
learn concept, the lecture notes for this topic are retrieved
from the database and displayed for the user.

Example 10 Suppose that, after reading the lecture notes
for the concept “For Loop,” the student indicates that she
has not understood. BITS then determines the parent set of
the “For Loop” node (i.e., Variable Assignment, Relational
Operators, and Increment/Decrement Operators as shown
in Figure 6). Finally, BITS displays the links to the lecture
notes for these three concepts, as illustrated in the top right
corner of Figure 14.

Example 9 Recall the initial state of the navigation menu
shown in Figure 11. If the student selects the ready to learn
concept “Floating-point numbers,” then BITS displays the
lecture notes shown in Figure 13. After reading the notes,
the student selects one of the choices at the bottom right
of Figure 13. If the student indicates that she understands
“Floating-point numbers,” then the Bayesian network is updated and the navigation menu is again displayed (this time,
10

Figure 13. A screen shot of BITS displaying
the lecture notes for the concept “Floatingpoint numbers".

Figure 12. A student can preview the concept
“File I/O" (right frame) by highlight it in the
navigation menu (left frame).

5 BITS Via the Web
4.4.3 Generating Learning Sequences

In this section, we describe the features that allow BITS
to be accessed via the Web, and discuss the implementation of BITS. In BITS, all course material, including lecture
notes, examples and quizzes, is stored in hypermedia format. BITS is regarded as an online intelligent and interactive integrated textbook.

Students may sometimes want to learn one particular concept without having to go through every single topic previously mentioned. For example, a student may wish to learn
“File I/O” for an impending exam or assignment deadline.
In such a case, the student would want to learn a minimum
number of concepts.
BITS meets this need by generating learning sequences.
The student is allowed to select a not ready to learn concept
in the navigation menu. In this situation, BITS displays a
learning sequence for the chosen topic. In other words, all
unknown ancestral concepts in the Bayesian network are revealed to the student in one proper sequence for learning.
More formally, let X = {x1 , x2 , . . . , xn } be the ancestral
set of a selected not ready to learn concept in the Bayesian
network. BITS will display the variables in X in accordance with the fixed ancestral numbering of the variables in
the Bayesian network. That is, if concept xi is a parent of
concept xj , then xi will be presented before xj , indicating
xi must be learned before xj can be learned.

5.1 General Features of BITS
BITS is interactive because the quizzes used to test the
student are not static texts as in other regular Web-based
learning systems, rather they are interactions. The quizzes
include: True/False, Multiple Choice and Fill-in-the-blank
questions.
Each quiz consists of interactive Flash multimedia files
combined with XML documents. More specifically, Flash
multimedia files are used to format the questions displayed,
while XML documents are used to describe the quiz contents, store solution keys, and validate the student’s answer.
Example 12 Recall the quiz for the concept “File I/O” in
Figure 9. The XML document for this quiz is shown in
Figure 16.

Example 11 Suppose the student selects the not ready
to learn concept “File I/O” in the navigation menu of
Figure 11; BITS displays the ancestral concepts in order, grouping by known and unknown (overview of programming, variable, Assignment, input, marked by known,
where programming language and output are marked by unknown, as depicted in Figure 15). The student needs to learn
programming language, and output first.

The question and the answer choices are described in
the contents of XML elements. The correct answer for the
question is stated in the value of the XML attribute answer.
The correct answer for the question in Figure 9 is E, namely,
answer = “E” in the top left corner of Figure 16. This
facility allows BITS to provide dynamic validation of the
input answer and to proceed with appropriate action.
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Figure 14. A screen shot of BITS displaying
the links to the lecture notes for the prerequisite concepts of “For Loop."

Figure 15. BITS generates a learning sequence for the concept “File I/O" in Figure 11,
which is not ready to learn.

BITS uses HTML Web pages to represent the online instructional materials. In some cases, multimedia examples
using animated Flash concepts are utilized to illustrate various abstract concepts of C++. Surveys of computer science educators suggest a widespread belief that visualization technology and multimedia play a positive and important role in student learning [49]. Multimedia provides a
student with vivid images or procedures instead of abstract
and rigid concepts, and it improves the student’s learning
efficiency [49].
The lecture notes and quiz questions are displayed using
a Web browser embedded in BITS. BITS also provides the
student with the ability to access other C++ programming
sites on the Web. When studying a new concept, the student
can utilize the web browser provided by BITS to search external resources; BITS also recommends a set of URL links
to external Websites.

degree of interest than similar materials that lack animated
agents. Animated agents encourage various emotional and
intellectual responses from the learners, and thus further
promote learner motivation.
Example 14 In the bottom right corner of Figure 13, the
study agent informs the student that she has chosen to learn
the concept “Floating-point numbers,” while the study agent
recommends that the student first learn three prerequisite
concepts in Figure 15.
By providing useful and informative feedback, BITS
provides a positive environment for learning.

5.2 Development Tools of BITS
The general framework of BITS was developed using
Visual Studio.net [19]. As the aim for BITS is based on
the Web environment, we developed the instructional materials with Macromedia Studio MX [23], a set of Web
design tools, including Dreamweaver MX, Flash MX and
Fireworks MX. Employing Dreamweaver MX, we developed active server pages (ASP), XML files, and HTML Web
pages. We designed multimedia courseware and quiz files
by employing Flash MX. We applied Fireworks MX to design pictures for the instructional material. These tools facilitate making allow BITS a rich, interactive educational
environment.
The Bayesian network for BITS was implemented by
MSBNx [24], the Microsoft Bayesian Network Toolkit.
MSBNx is a component-based Windows application created at Microsoft Research for creating, assessing, and

Example 13 As illustrated in the bottom left corner of Figure 13, BITS allows the user to access C++ sites found on
the Web.
Finally, it is worth mentioning that BITS includes an animated study agent Genie [28]. The goal of the animated
study agent is to convey appropriate emotion and encouragement, thus demonstrating learning strategies to the student. The feedback given by the student agent is in the
form of voice animation and dialogue boxes. Researchers
in education theory have provided evidence that animated
educational assistance can promote effective learning in
computer-based learning environments [29]. Learning materials that incorporate interactive agents engender a higher
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of BITS.
Villano [52] first suggested applying Bayesian networks
in Intelligent Tutoring Systems. However, Martin and Vanlehn [38] explicitly state that Villano’s assessments cannot
communicate precisely what a student does not know and
cannot identify the components of knowledge that must be
taught. BITS, on the other hand, uses yellow traffic lights
to indicate known concepts, green traffic lights to indicate
ready to learn concepts, and red traffic lights to indicate concepts that the student is not ready to learn.
The assessment system proposed by Martin and VanLehn [38] is focused solely on assessing what a student
knows. Our intelligent tutoring system not only assesses
what a student knows, but, in addition, assists the student in
navigating the unknown concepts.
Zapata and Greer [59] designed a system to visualize
Bayesian student models. One advantage of graphical representations of student models is to help instructors determine the learning deficiencies for a student. However,
learning the deficiencies for a student was not one of our
objectives when we designed BITS.
There have been several other recent efforts to apply
Bayesian networks to student modelling in Web-based tutoring systems [17, 18, 28]. Most of them involved applying Bayesian networks to help a student with problem
solving support (refer to Section 2) during resolution of one
task [13, 14, 28, 36, 37]. For example, Conati et al. [14] developed an intelligent tutoring system, Andes, for physics.
The primary objective of that system is to help the student
learn how to problem solve, while the focus of BITS is quite
different.
It is worth mentioning that Jameson [25] reviewed
several frameworks for managing uncertainty in Intelligent Tutoring Systems, including Bayesian networks, the
Dempster-Shafer theory of evidence, and fuzzy logic. As
Pearl [41] has shown, Bayesian neworks have certain advantages over the other two frameworks. This influenced
our decision to use Bayesian networks for uncertainty management in BITS.

<MainElement>
<Question answer="E"> Which of the following is NOT one of the things
a programmer must do in order to use files in a C++ program?
<choices>
<Items> Use a preprocessor directive to include the header file fstream.
</Items>
<Items> Declare each file stream in a variable declaration.</Items>
<Items> Prepare each file for reading or writing by calling the
open function. </Items>
<Items> Specify the name of the file stream in each input or output
statement that uses it. </Items>
<Items> Erase the contents of each output file before running the
program.</Items>
</choices>
</Question>
</MainElement>

Figure 16. The XML file for the question on
the concept “File I/O" in Figure 9.

evaluating Bayesian Networks. After implementation, the
Bayesian network is saved in an XML-based format. Therefore, the Bayesian network is independent of the whole system’s programming. This feature facilitates any changes or
refining the Bayesian network in the future, i.e., extending
BITS to a second course on computer programming by incorporating more sophisticated concepts, without modification of existing components of BITS.

6 Related Works
Intelligent Tutoring Systems for programming have been
developed and evaluated for many years in the field of Artificial Intelligence in Education. Programming has been
a very productive domain in the evolution of most aspects
of the field, including student modelling, knowledge representation, and the application of sound pedagogical principles [50].
Recently, there have been several efforts to develop ITSs
for programming, such as SQL-Tutor [21], an ITS for SQL
programming based on Constraint-Based Modelling approach. Lisp-Tutor [2] is an ITS for teaching lisp programming based on rule-based system. JITS [50] is a prototype
for an ITS for students learning to program in Java which
is based on a decision tree method. While these ITSs have
been effective, they pay little attention to helping the students navigating online learning materials by recommending individualized reading sequences. The main objective
of these ITSs centers around problem solving support technologies by providing appropriate error feedback and updating the student model. The purpose of BITS, on the other
hand, is quite different; it is to help the student navigate
the course material. Although problem solving is an integral part of computer programming, it is outside the focus

7 Concluding Remarks
This section concludes the paper by providing a summary of the work done and stating our tentative proposals
for future work.

7.1 Conclusions
Web Intelligence explores the practical applications
of Artificial Intelligence to the next generation of Webempowered systems [54]. In this paper, we proposed a
Web-based intelligent tutoring system (BITS) for computer
programming that utlizes Bayesian networks, a proven
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framework for uncertainty management in Artificial Intelligence [41, 55, 56]. We discussed a new architecture for designing an ITS for computer programming using Bayesian
technology. Centering on the explicit structure and the contents of each component of the architecture, we described
the concept and realized the prototype of BITS. We discuss
in detail how to use a Bayesian network in BITS for modelling and inference purposes.
Applying Bayesian networks in Intelligent Tutoring Systems to assess the student’s knowledge level was first suggested by Villano in 1992 [52]. However, Villano’s assessments cannot communicate precisely what a student does
not know and cannot identify the components of knowledge that must be taught [38]. BITS, on the other hand,
marks each concept with an appropriate traffic light to indicate the student’s knowledge regarding these topics and
helps the student select appropriate instructional content to
study (see Section 4.4.1). The assessment system proposed
by Martin and Vanlehn [38] is focused solely on assessing
what a student knows (see Section 6). Our intelligent tutoring system not only assesses what a student knows, but, in
addition, helps the student navigate the unknown concepts
(see Section 4.4.3).
Currently, most Web-based learning systems are static
HTML Web pages and are simply a copy of regular textbooks. These forms of instructional materials suffer from
two major shortcomings [6]: firstly, they are not interactive,
since students can only passively read the educational materials; secondly, they are not adaptive (see Section 1.2).
BITS provides remote access to hypermedia-structured
learning materials which include instruction notes, tests,
and examples. BITS can help a student navigate the online course materials using traffic lights (see Section 4.4.1);
it can also recommend learning goals when a particular concept is not understood (see Section 4.4.2). Finally, when a
student wants to learn a particular concept without learning
all of the previous concepts, BITS can present the minimum
prerequisite knowledge needed in order to understand the
desired concept in the proper learning sequence (see Section
4.4.3). BITS has been implemented and was recently used
in the summer 2004 session of CS110, the initial computer
programming course at the University of Regina. While the
feedback collected from the students was limited, the result
was very positive. Empirical studies have shown that individual one-on-one tutoring is the most effective mode of
teaching and learning, and that Intelligent Tutoring Systems
offer a unique technology to implement computer-assisted
one-on-one tutoring [5].
BITS is significant since it has the potential to be extended to various computer programming courses. Furthermore, it is important to both Web-based learning and traditional settings. We believe, thus, that BITS will be useful
for supporting instructors teaching computer programming

in their institutions. BITS is especially important for institutions where there are more students wishing to learn
to program and where it is difficult to provide personalized
instruction that they need [31]. This research work here, together with [27, 28, 34, 36, 42, 53], explicitly demonstrates
the practical usefulness of Bayesian networks for Web Intelligence.

7.2 Future Work
BITS will be used in future offerings of CS110. Data will
be collected to formally evaluate whether BITS improves
the learning results for students who used BITS, compared
to those who did not.
We plan to extend BITS in the future to a second course
on computer programming by incorporating more sophisticated concepts of C++ into BITS, such as inheritance and
pointers. We also hope to extend BITS by incorporating
other programming languages like Java and Perl. Since the
Bayesian network implemented in BITS is independent of
the materials of CS110 and is separated from the system’s
programming work, it will be possible to refine or reconstruct the Bayesian network efficiently.
A second enhancement of BITS is that currently, for
one knowledge concept, BITS distinguishes between two
states, known and not known. This might be not very useful
in practical applications, since sometimes the student may
only partially know a concept. In such cases, we can add a
state somewhere between known and not known. Thus, we
can describe the student’s knowledge on a specific concept
in terms of finer gradations.
In future work, moreover, we hope to add problem solving support to BITS. Problem solving is another important
part of computer programming. Currently, however, BITS
does not provide this. We plan to enhance BITS and integrate this kind of guidance in BITS. We will also concentrate on refining the current modules and integrating all
these modules with the special needs of different teachers to
improve the adaptability of BITS as a Web-based learning
tool.
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Appendix

Figure 17. The entire DAG implemented in BITS.
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